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We figured out algebraic relations among the zeta functions of the prehomogeneous vector
space associated with binary cubic forms with all lattices over the integer ring. These
relations suggest the existence of beautiful symmetries of these objects, which are not yet
known. We also clarified the relation among multiple zeta values and multiple zeta-star
values, and figured out the explicit formula of Riemann zeta values of positive integral
points in terms of multiple zeta-star analogue of Michael Hoffman’s conjectural basis.
Moreover we obtain a generating function representation of totals of multiple zeta-star
values of fixed weight, depth and i-heights in terms of generalized hypergeometric
functions. We also gave a kind of duality formula for multiple zeta-star values of height one.
Farther we obtained another generalization of sum formula for multiple zeta values and
many related results. These results are important for understanding the structure of
Q-algebra spanned by all multiple zeta values.
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